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The definition of D(n, k) is not modulo d invariant,
but the definition of II(n, k) is modulo d invariant.
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are orthonormal bases in the complex Hilbert
space of all the linear operators A:H —H.
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Weyl transform of
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Proof of R1| A proof is presented in the note

On a discrete version of the Weyl-Wigner description
available at https://unibuc.ro/user/nicolae.cotfas/.
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D(n,k)=(—1)" D(n, k+d).

Proof of R3| A proof is presented in the note

On a discrete version of the Weyl-Wigner description
available at https://unibuc.ro/user/nicolae.cotfas/.
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Proof of R7
The right hand side is modulo d invariant, but
the left hand side is not modulo d invariant.

Proof of R8
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Numerical checks by using Mathematica

Check of R3

s=1; d=2 s+1
Displacement[n_, k_]:= Table[Exp[Pi I n k/d] Exp[2 Pi I k j/d] DiscreteDeltal Mod[j + n - m, d]1], {m, -s, s}, {j, -s, s}]
Do [Print [N[(1/d) Tr[ConjugateTranspose[Displacement[n, k]].Displacement[nn, kk]]11],{n,-s,s},{k,-s,s},{nn,-s,s},{kk,-s,s}]

s=1; d=2 s+1
Parity[n_, k_] := Table[Exp[2 Pi I k (m - j)/d] DiscreteDeltal Mod[2 n - m - j, d]], {m, -s, s}, {j, -s, s}]
Do[Print[(1/d) N[Tr[Parity[n, k]. Parity[nn, kk]11], {n, -s, s}, {k, -s, s}, {on, -s, s}, {kk, -s, s}]

Check of R5

s=1; d=2 s+1

Displacement[n_, k_]:= Table[Exp[Pi I n k/d] Exp[2 Pi I k j/d] DiscreteDelta[Mod[j+n-m,d]],{m,-s,s},{j,-s,s}]

Parity[n_, k_] := Table[Exp[2 Pi I k (m - j)/d] DiscreteDelta[Mod[2 n-m-j,d]],{m,-s,s},{j,-s,s}]

Do[Print [N[Tr[Parity[n, k]. Displacement[nn, kk]]- Exp[-2 Pi I k nn/d] Sum[Exp[Pi I kk (nn+2 m)/d]
DiscreteDelta[Mod[2 n-2 m-nn,d]],{m,-s,s}]]1],{n,-s,s},{k,-s,s},{nn,-s,s},{kk,-s,s}]

Check of R6

s=1; d=2 s+1

Displacement[n_, k_]:=Table[Exp[Pi I n k/d] Exp[2 Pi I k j/d] DiscreteDelta[Mod[j+n-m,d]],{m,-s,s},{j,-s,s}]
Parity[n_, k_] := Table[Exp[2 Pi I k (m - j)/d] DiscreteDelta[Mod[2 n - m - j, d]], {m, -s, s}, {j, -s, s}]

Do [Print [N[Tr[Parity[n, k].Displacement[nn,kk]]- Exp[2 Pi I (kk n-nn k)/d]l1],{n,-s,s},{k,-s,s},{nn,-s,s},{kk,-s,s}]

Check of R8

s=1; d=2 s+1

Displacement[n_, k_]:= Table[Exp[Pi I n k/d] Exp[2 Pi I k j/d] DiscreteDelta[Mod[j+n-m,d]],{m,-s,s},{j,-s,s}]

Parity[n_, k_] := Table[Exp[2 Pi I k (m - j)/d] DiscreteDelta[Mod[2 n-m-j,d]],{m,-s,s},{j,-s,s}]

Do[Print [N[ Displacement[nn, kk]]- (1/d)Sum[ Exp[-2 Pi I k nn/d] Sum[Exp[Pi I kk (nn+2 m)/d]
DiscreteDelta[Mod[2 n-2 m-nn,d]],{m,-s,s}] Parity([n,k],{n,-s,s},{k,-s,s}]],{on,-s,s},{kk,-s,s}]



